In this paper, minimal submanifolds in Finsler spaces with (α, β)-metrics are studied. Especially, helicoids are also minimal in (α, β)-Minkowski spaces. Then the minimal surfaces of conoid in Finsler spaces with (α, β)-metrics are given. Last, the Gauss curvature of the conoid in the 3-dimension Randers-Minkowski space is studied.
Introduction
In recent decades, geometry of submanifolds in Finsler geometry has been rapidly developed. By using the Busemann-Hausdorff volume form, Z. Shen [1] introduced the notions of mean curvature and normal curvature for Finsler submanifolds. Being based on it, Bernstein type theorem of minimal rotated surfaces in Randers-Minkowski space was considered in [2] . Later, Q. He and Y. B. Shen used another important volume form, i.e., Holmes-Thompson volume form, to introduce notions of another mean curvature and the second fundamental form [3] . Thus, Q. He and Y. B. Shen constructed the corresponding Bernstein type theorem in a general Minkowski space [4] .
The theory of minimal surfaces in Euclidean space has developed into a rich branch of differential geometry. A lot of minimal surfaces have been found in Euclidean space. Minkowski space is an analogue of Euclidean space in Finsler geometry. A natural problem is to study minimal surfaces with Busemann-Hausdorff or HolmesThompson volume forms. M. Souza and K. Tenenblat first studied the minimal surfaces of rotation in RandersMinkowski spaces, and used an ODE to characterize the BH-minimal rotated surfaces in [5] . Later, the nontrivial HT-minimal rotated hypersurfaces in quadratic (α, β)-Minkowski space are studied [6] . N. Cui and Y. B. Shen used another method to give minimal rotational hypersurface in quadratic Minkowski (α, β)-space [7] . However, these examples only consider the special (α, β)-metrics either Randers or quadratic. Therefore, what is the case with the general (α, β)-metric?
The main purpose of this paper is to study the conoid in (α, β)-space. It includes minimal submanifolds in
and the Causs curvature in Randers-Minkowski 3-space.
We present the equations that characterize the minimal hypersurfaces in general (α, β)-Minkowski space. We prove that the conoid in Minkowski 3-space with metric
is minimal if and only if it is a helicoid or a plane under some conditions. Finally, similar to [7] , we give the Gauss curvature of conoid in Randers-Minkowski 3-space and point out that the Gauss curvature is not always nonpositive on minimal surfaces.
Preliminaries
Let M be an n-dimensional smooth manifold. A Finsler metric on M is a function satisfying the following properties: 1) F is smooth on
for all   ; 3) The induced quadratic form g is positively definite, where
Here and from now on,
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which is called the mean curvature form of f. 
Minimal Hypersurfaces of (α, β)-Spaces
Here and from now on, we consider general (α, β)-metric.
It have been proved (
In the following part, we will discuss minimal hypersurfaces in Minkowski space with (α, β)-metric. Let
Since f is an isome sion, we get
, . 
From above, we know that f is mini al if and only if 
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S is a sphere such that 1 where
Now, we consider the conoid in 3-dimensional (α, β)-
Minkowski space paralleling to x 3 -axis. Set y is not identically vanishing, we can obtain cos sin
where 1 2 3 , , b b b    are not all zeros. To simplify the computation, we only discuss quadratic (α, β)-metric: 5  3  2  2  2  2  23  13 2  23   15  9  9 , 
Since (3.11) is valid for any u, we can obtain
That is to say a minimal conoid hypersurface is a plane with respect to the given metric above. inimal conoid hypersurface in   3 , V F  is a pla
3-Space
As we own, the Gauss curvature of a minimal surface is nonpositive everywhere in Euclidean space. Then, a fact ho natural problem arises: whether this lds for inimal surfaces in Minkowski-Randers 3-space? In this section, we stu re of conoid i 
